raised a conjecture on the invariant subspace problem in 1994. In this paper, we prove the conjecture under an additional condition, and obtain an invariant subspace theorem on subdecomposable operators.
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M. Liu [2] Then T has an invariant subspace.
To prove Theorem 1 we first recall some basic notation and facts, and give some lemmas.
We denote by H°°(G) the Banach algebjra of all bounded analytic functions on G equipped with the norm ||/|| = sup{|/(A)|; A G G}. It is well known that H°°(G) is a w'-closed subspace of L°°(G) relative to the duality (L X (G), L°° (G) ) and that a sequence {/*} in H CO (G) converges to zero relative to the w*-topology if and only if it is norm-bounded and converges to zero uniformly on each compact subset of G.
In particular, we can identify H°° (G) with the dual space of the Banach space Q = L
(G)/ ± H°°(G).
Since Q is separable, the above characterisation of w* -convergent sequences in H°°(G) immediately implies the w* -continuity of all point evaluations E x : H°°{G) -> C, / -» / ( A ) ( A 6 G ) .
For / € H°°(G) and A € G we deonte by f\ the unique function in H°°(G) with (A -AO/A(/Z) = /(A) -f{fi) for n € G. It is easy to check that for fixed A 6 G the map H°°(G) -> H°°(G), f -* f\, is w*-continuous.
A subset F of C will be called dominating in G if ||/|| = sup{|/(A)|; A e FnG} holds for all feH°°{G). Let E be a Banach space. Then we denote the dual space of E by E*. If M and N are closed linear subspaces of E, then we set a(M,N) = mi{\\x -y\\ ; x e M with ||x|| = 1 and y € N}. Throughout the rest of the present article, we shall assume that X, Z, T, B, q, G, G(n) and M(n) are as in Theorem 1. LEMMA 1 . If o-ie (r*) ^ <r(T*), then T has an invariant subspace.
PROOF: The proof of Lemma 1 is routine, and is therefore omitted. D NOTE 1. By Lemma 1 and the condition (3) in Theorem 1, the proof of Theorem 1 can be reduced to the case in which T satisfies the following additional condition: [3] An invariant subspace theorem 13 LEMMA 2 .
(1) q'B* = T*q* and q" € B(Z*, X*) is suijective. 
By applying Lemma 2, we get
by the Hahn-Banach Theorem there exists zjj € Z* such that zj = Zg\qX.
Set z* = 2*|g-X\ Then it follows from Lemma 3 and (5.1) that
Next it will be shown that
onto (gX)*/(iW(n) x |gX). It is sufficient to show that for any z* + M(n)
That is, it is sufficient to show that for any 2* + M(n)
Therefore we can define a map A :
where z* = z*\qX. It is easy to see that the image point of the vector (A -
So A is well denned. It is plain that A is a linear operator. We now show that A is bounded. Indeed, 
First we show that A -
x | g X . In fact, for any zj e M ( n ) x | 9 X , there exists In fact, since A -
Therefore, we can define a map 5 : M(n)" holds for all ai, ... , a r € C and that the canonical projection of L = V i J onto r fc=-t V zjfc has norm less than 2/(1 -S). By Zenger's Lemma (see [11] or [3, p.20 We now wish to construct x n € X, ijj 6 M(G) satisfying (9.1), (9.2) and (9. at https://www.cambridge.org/core/terms. https://doi.org/10.1017/S0004972700021973
